all his .... let them each get half. 
NOTE
divide a talit, then why not divide a walk? After the j + 1 contesting sets take oaths that they each own at least 1/(j + 1) of the contested walk, we declare that each gets exactly 1/(j + 1) of that walk. It turns out that this way of distributing border-line (sic!) walks is as fair as can be, since we have: We need the following lemma, which is a slight extension of a result of Spitzer [ has exactly i partial sums that are positive, because the relative ranking of the partial sums is still the same, and there are i partial sums that are bigger than r I + • • • +rj. Starting things at rj+ 1 shifts that partial sum to be 0, and since there are i partial sums that are bigger, it means that there are i partial sums that are positive. Now if there are ties, we let the partial sums share places. If there are j partial sums that share the i + 1, i + 2,..., i + j places, then the corresponding j shifts will all have i positive partial sums, and j partial sums that are 0. But, counting talmudically, this means that each one of these j shifts gets 1/j of each of the i + 1 .... , i + j places. | Proof of the Theorem. Let us divide all the paths into equivalence classes, where a path is equivalent to all its circular shifts. We show that the contributions coming from any equivalence class to each W~ is independent of i. Given any such path, consider the sequence obtained by replacing the step (1, 0) by b, and the step (0, 1) by -a. By the lemma, all the circular shifts contribute equally to the W/. Now, it may happen that not all the shifts of a path are distinct paths, but then it is easy to see that each path occurs with the same multiplicity, so the contribution to each of the W~ is still the same. | ACKNOWLEDGMENT We thank Hank Krieger for raising this problem.
